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Exercise 2.1 Question

1:

Which of the following expressions are polynomials in one variable and which are

not? State reasons for your answer.

iy 4F 35474, y2+\/5;(m)3\/;+r\/5
o
) i)

Answer:

0 4x’ -3x+ 7

Yes, this expression is a polynomial in one variable x.

aiy ¥ +V2

Yes, this expression is a polynomial in one variable y.

3\/7 ‘+t'\/5

x4y 4%

(iii)

No. It can be observed that the exponent of variable t in term f 5 is , which is not
a whole number. Therefore, this expression is not a polynomial.

2
y+—

iv) ¥
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No. It can be observed that the exponent of variable y in term —'is —1, which is not a
whole number. Therefore, this expression is not a polynomial. Y

) .l'lu+,1f'3+f5“
No. It can be observed that this expression is a polynomial in 3 variables x, y, and t.

Therefore, it is not a polynomial in one variable.

Question 2:

Write the coefficients of X in each of the following:
24X +x  2=x"#x
(i) (ii)
T

— X" +X
(iii) 2 (iv) V-1
Answer:

24x +x
(i)

In the above expression, the coefficient of is 1.

15}

(il) 2-."24-.!‘} X

In the above expression, the coefficient of ¥ is —1.

X
In the above expression, the coefficient of is

s/ix -1,0r
(iv)
0.x +42x =1

oA

In the above expression, the coefficient of X is 0.

Question 3:

Give one example each of a binomial of degree 35, and of a monomial of degree 100.
Answer:

Degree of a polynomial is the highest power of the variable in the polynomial.

Binomial has two terms in it. Therefore, binomial of degree 35 can be written as
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S 4
X

Monomial has only one term in it. Therefore, monomial of degree 100 can be written as
X100,

Question 4:

Write the degree of each of the following polynomials:

5 +4x’ +7x 4=y
(ii) (i)
5t-\7
(iv) 3 (iii)
Answer:
Degree of a polynomial is the highest power of the variable in the polynomial.
0 5x" +4x* +Tx

This is a polynomial in variable x and the highest power of variable x is 3. Therefore, the
degree of this polynomial is 3.

iy 4V

This is a polynomial in variable y and the highest power of variable y is 2. Therefore, the
degree of this polynomial is 2.

ity 30—7

This is a polynomial in variable t and the highest power of variable t is 1. Therefore,
the degree of this polynomial is 1.

(iv) 3

This is a constant polynomial. Degree of a constant polynomial is always 0.

Question 5:
Page | 3

Classify the following as linear, quadratic and cubic polynomial:
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X +x (i) X=X (i) y+y + (iv) l+x(v) 3t

2 3
" (i) v

(vi)
y+y +4

x=-x
Answer:

Linear polynomial, quadratic polynomial, and cubic polynomial has its degrees as 1, 2,
and 3 respectively.

X +x
(i) is a quadratic polynomial
as its degree is 2.
(i) is a cubic polynomial as
its degree is
3 3. (iii) is a quadratic
polynomial as its degree is 2.
re (iv) 1 + x is a linear polynomial as its degree is 1.
7x' ) @ : . .
(v) is a linear polynomial as its degree is 1.
(vi) is a quadratic polynomial as its degree is 2.
(vii) is a cubic polynomial as its degree is 3.
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Find the value of the polynomial 3X—4x" +3 3¢

(i) x = 0 (i) x = =1 (ji) x = 2

Answer:
p(x)=5x—4x"+3
FiRd p(0), p(1) and’ p(2) for each of the following polynomials:
p(0)=5(0)-4(0) +3
=3
p(x)=5x—4x"+3
(i)
p(=1)=5(=1)-4(-1)" +3
=-5-4(1)+3=-6
p(x)=5x—4x"+3
(iii)
p(2)=5(2)-4(2) +3
=10-16+3=-3
Page | 6
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()ply) =y2—y+1(i)p(t) =2 +t+2t2 -3
(i) p(x) = x3 (iv) p(x) = (x = 1) (x + 1)
Answer: (i) p(y) =y> -y + 1p(0) =
(0)-(0)+1=1p(1)=(1)>-(1)+1=

1p(2) =(2)>=(2) + 1 =3 (i) p(t) =

2+t+2t2-t3p(0)=2+0+ 2(0)? -
(0°=2p(1) =2 + (1) + 2(1)> - (1)

=24+1+2-1=4p(2) =

2+ 2+ 2(2)2-(2)3

=2+2+8-8=4
(iii) p(x) = x*> p(0) = (0)°> =0 p(1) =

(1)° = 1p(2) = (2)° = 8 (iv) p(x) = (x = 1) (x
+1)p(0) =(0-1)(0+1)=(-1)

(1)=-1p(1)=(1-1)(1+1)=0(2) =0
p(2) =(2-1)(2+ 1) = 1(3) = 3 Question
3:
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Verify whether the following are zeroes of the polynomial, indicated against them.

p(.t')=3>x+1..vr=—l ,'_;!(Jr)=5vx—rr,.'c=i
(i) (ii) 3
(i) p(x) =x* =1, x =1, = 1 (V) p(x) = (x + 1) (x = 2), x = = 1, 2

plx)=im+mx= e
(v) p(x) = X, x = 0 (i) ’
plx)=3x" —I,xz—i.

|
3 p(.r)=23'+l..r=5

Sl

(vii)

Answer:

-1 1
x=— P -5
(i) If 3 is a zero of given polynomial p(x) = 3x + 1, then should be 0.

Herc,p[_—l) =3(_—1]+I =-1+1=0
3 3

x=—
3

(viii)

Therefore, is a zero of the given polynomial.

4
=3 . (3)
(i) T

is a zero of nolvnomial p(x) = 5x — n, then should be 0.

Wl
N

=S[i)—n=4—n
5

Therefore, 5 is not a zero of the given palynomial.

A = i — y2 _ -
("')gh)é)ulé Brédd(. 1 are zeroes of polynomial p(x) = x* — 1, then p(1) and p(-1)

Here, p(1) = (1)2-1 =0, and p(— 1)

=(-12-1=0

Hence, x = 1 and —1 are zeroes of the given polynomial.
Page | 9

(iv)If x = —1 and x = 2 are zeroes of polynomial p(x) = (x +1) (x — 2), then p(—-1) and
p(2)should be 0.
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Here, p(-1) =(-1+1)(-1-2)=0(-3) =0, and p(2)

=(2+1)(2-2)=3(0)=0

Therefore, x = —1 and x = 2 are zeroes of the given polynomial.

(v) If x = 0 is a zero of polynomial p(x) = x2, then p(0) should be zero.

Here, p(0) = (0)?=0

Hence, x = 0 is a zero of the given polynomial.

—m
(vi) If [ is a zero of polynomial p(x) = Ix + m, then should be 0.
p(#]:l(%’"]ﬂm =—m+m=0
Here,
m
X==——
Therefore, ! is a zero of the given polynomial.
ol s
(vii) If ‘E and ‘B are zeroes of polynomial p(x) = 3x* — 1, then
—m
i

Page | 10
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P[%Jandp[%)sho?ld be 0.
o o

4
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=
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3
Hence, is a zero of the given polynomial. However, is not a zero of

the given polynomial.

|
ol oL

2
(viii) If 2 is a zero of polynomial p(x) = 2x + 1, then should be 0.

Here,p[l] =2[l)+ 1=1+1=2
2 2

As p[%];to.
1

1':-5
Therefore, is not a zero of the given polynomial.
ngstion24: ) g ) o g 0 (vii) %) d
= 59X — \% X) = 5X (VI X) =a a Vil X) = CX +
i il MeAch &Fhe foll dees! ’
R ro pade BT et bl S
Answer:

Zero of a polynomial is that value of the variable at which the value of the polynomial
is obtained as 0.

(i) p(x) = x + 5 p(x)

=0x+5=0x=-5

Therefore, for x
= -5, the value
of the
polynomial is 0
and hence, x =
-5 is a zero of
the given
polynomial. (ii)
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p(x) =x-5
p(x) =0x -5
=0x=5

Therefore, for x = 5, the value of the polynomial isO and hence, x = 5 is a zero of the
given polynomial. (iii) p(x) =2x + 5p(x) =0

2x+5=0
_.3
&:25

Therefore, for x = —E, the value of the polynomial is 0 and hence, x:_‘_fj is a zero of the
given polynomial. (ig) p(x) =3x-2p(x) =0 2

Ix—2=0

waM

2 2
Therefore, for X =, the value of the polynomial is 0 and hence, x=—is a zero of the
given polynomial. %v) p(x) =3xp(x) =03x=0x=0 3

Therefore, for x = 0, the value of the polynomial is 0 and hence, x = 0 is a zero of the
given polynomial. (vi) p(x) =ax p(x) =0ax=0x=0
Therefore, for x = 0, the value of the polynomial is 0 and hence, x = 0 is a zero of the

gi\geﬁ_‘éolynomial. (vil)pX) =cx+dp(x) =0cx+d=0
C

~d ~d
X = — x=—

Therefore, for ¢, the value of the polynomial is 0 and hence, € is a zero of the

given polynomial.
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Exercise 2.3 Question

Find the remainder when x3 + 3x2 + 3x + 1 is divided by

1

x—_.

() x + 1 (i) 2 (i) x

(iv) x + n (v) 5 + 2x Answer:

Page | 15




Page | 16

(iY)x+1

By long division,
*+2x+1

x+l) x +3x" +3x+1

y o
¥ +xt

2x? +3x+1
2x% +2x

x+1
x+1

0

Therefore, the remainder is 0.

1
x—_.

(i)

By long division,
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.\'—'2-/'! X +3x +3x+1

3 .S
RS
2
-+
—x +3x+1
2
T =g 7
R
2 4
- -
19
—x+1
4
19 19
_-‘___.
4 8
- -
27
8
27
8
Therefore, the remainder is .
(iii) x
By long division,
x +3x+3

x) X 43x" +3x+1

3
X

3x7 +3x+1

-

3x°

3x+1
3x

Therefore, the remainder is 1.

Page | 18
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(iv) x +n

By long division,
32 +(3—1‘t)x+(3—3ﬂ7+1‘t2)

x+1t) X 4+3x7 +3x+1

x4+’

(3=m)x" +3x+1
(3=m)x’ +(3~m)mx

[3-—31t+1t’]x+|
[3—3n+n3]x+(3—3n+n:)n

[]—31t+37t:—1t"]

-’ +3n* =3n+1.
Therefore, the remainder is

Page | 19
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(v) 5+ 2x

By long division,
¥ x 7
2 4 8

\ 2
2x+5) X 4+3x7 +3x+1

27

Therefore, the remainder is

Question 2:
Find the remainder when x3 — ax2 + 6x — a is divided by x — a.

Answer:

By long division,

x +6

x—a) x —ax +6x—a

3 -
X —ax

Page | 20
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Question 3:

Check whether 7 + 3x is a factor of 3x3 + 7x.
Answer:

Let us divide (3x3 + 7x) by (7 + 3x). If the remainder obtained is 0, then 7 + 3x will be
a factor of 3x3 + 7x.

By long division,
- 770
X ——x4—
3 9

3x 4+ 7) 3xt 4+ 0x? + 7

3t +7x7
-Ix*+7x
gt %
3
+ o+
0x
3
70x 490
_+—
3 9
0
9

As the remainder is not zero, therefore, 7 + 3x is not a factor of 3x3 + 7x.

Page | 22
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Exercise 2.4

Question 1:

Page | 23

Determine which of the following polynomials has (x + 1) a factor:

MHx+x2+x+1(i)x*+x3+x2+x+1

X =x —(2+\.5)x+v'5

(iii) x* + 3x3 + 3x2 + x + 1 (iv) ~
Answer:

(i) If (x + 1) is a factor of p(x) = x3 + x2 + x + 1, then p (—1) must be zero, otherwise

(x + 1) is not a factor of p(x).

p(x) =x3+x2+x+1p(-1) =

(=132 +(-1)2+(-1)+1

=-14+41-1-1=0
Hence, x + 1 is a factor of this polynomial.

(i) If (x + 1) is a factor of p(x) = x* + x3 + x2 + x + 1, then p (—1) must be zero,
otherwise (x + 1) is not a factor of p(x). p(x) = x*+ x3+ x2+ x + 1 p(-1) =

P+ (-1)2+ (-1) + 1
“1+1=1

”f\

—1)*
1

+ (-1
1+1
Asp #0, (- 1)

Therefore, x + 1 is not a factor of this polynomial.

(iii) If (x + 1) is a factor of polynomial p(x) = x* + 3x3 + 3x2 + x + 1, then p(—1) must

be 0, otherwise (x + 1) is not a factor of this polynomial.
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p(=1) = (=1)% + 3(=1)% + 3(=1)2 + (-1) + 1

=1-3+3-1+1=1

Asp %0, (-1)

Therefore, x + 1 is not a factor of this polynomial.

x"-x:-(2+\/§)x+\/§

(iv)  If(x + 1) is a factor of polynomial p(x) = , then p(-1)

must be 0, otherwise (x + 1) is not a factor of this polynomial.
p(=1)=(=1) =(-1) -(2+32)(-1)+2
=—1-142+2+2

As p #0, (_1)

Therefore, (x + 1) is not a factor of this polynomial.

Question 2:

Use the Factor Theorem to determine whether g(x) is a factor of p(x) in each of the
following cases:
MHpx)=2x3+x2-2x—-1,gx) =x+1

(iNp(x) = x3 + 3x%2 + 3x + 1, g(x) = x + 2 (iii) p(x)

=x3-4x2+x+ 6, g(x) =x— 3 Answer:

(i) If g(x) = x + 1 is a factor of the given polynomial p(x), then p(—1) must be zero.
p(x) =2x3+x2 - 2x —1p(-1) =2(-1)3+ (-1)2-2(-1) -1

=2(-1)+1+2-1=0

Hence, g(x) = x + 1 is a factor of the given polynomial.

(ii) If g(x) = x + 2 is a factor of the given polynomial p(x), then p(—2) must be

0.

p(x) = x34+3x2+ 3x + 1 p(-2) =
(=23 +3(-2)2+3(-2)+1

=-8+12-6+1
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Hence, g(x) = x + 2 is not a factor of the given polynomial.
(iii) If g(x) = x — 3 is a factor of the given polynomial p(x), then p(3) must be

0.

p(x) =x>—4x>2+x+ 6p(3)
=(3)3-4(3)2+3+6=27

-36+9=0

Hence, g(x) = x — 3 is a factor of the given polynomial.

Question 3:

Find the value of k, if x — 1 is a factor of p(x) in each of the following cases:

B P e
(i) p(x) = x* + x + k (ii) p(x) +he++2

p(x)=hk —2x+1

(iii) (iv) p(x) = kx* — 3x + k

Answer:

If x — 1 is a factor of polynomial p(x), then p(1) must be 0.
(i) p(x) = x2 + x + k p(1)

=0
L (1) 2+1+k=0

> (2) +k=0 =k

= -2
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Therefore, the value of k is —2.

p(x) =2 +hkc+42
(i)

p(1) =0

=2(1)" +k(1)+v2 =0
=2+k+\2=0
:>k=—2—\/_=-(2+\/5)

Therefore, the value of £ is —(2 +~/5 )

p(x)=k* —2x+1

(iii)

(1) =
F;>k(l)9—~/§(l)+l=0
:k—ﬁ+l=0
=k=42-1

Therefore, the value of & is \/5 -1.

(iv) p(x) = kx? — 3x + k
=>p(1l) =0 = k(1)? -
3(1)+k=0 =>k—-3

= 2k -3=0

3
Therefore, the value of k is 2,

Question 4:

Factorise:
(i) 12x2 — 7x + 1 (ii) 2x2 + 7x + 3
(iii) 6x2 + 5x — 6 (iv) 3x2 — x — 4 Answer: (i) 12x2 - 7x + 1

We can find two numbers such thatpg =12 x 1 =12andp + q= -7. They arep = —4
and q = -3.

Page | 27 Here, 12x2 — 7x + 1 = 12x2 — 4x — 3x + 1




intelligent
Interesting
innovative

Learning

=(3x—-1)(4x - 1)
(i) 2x2+ 7x + 3

We can find two numbers suchthatpg=2x3 =6andp +q = 7.
They arep =6and q = 1.
Here, 2x2 + 7x + 3 =2x2+ 6Xx + x + 3

=2X(x+3)+1(x+3) =(x
+ 3) (2x+ 1)

(iii) 6x2 + 5x — 6

We can find two numbers such that pg = -=36 and p + q = 5.
They are p = 9 and q = —4.

Here,

62+ 5x — 6 = 6Xx2 + 9x —4x — 6
=3x(2x + 3) — 2 (2x + 3)

= (2x + 3) (3x — 2)

(iv)3x2—-x— 4

We can find two numbers such that pg = 3 x (- 4) = —-12 and
p+q=-1.

They are p = -4 and q = 3.

Here,

3X2-x—-4=3x>-4x +3x — 4

=X(3x—-4)+13x—-4) =

(3x — 4) (x + 1) Question 5:

Factorise:

(i) x3 — 2x2 — x + 2 (ii) x3 + 3x2 —=9x — 5 (iii) x3

+ 13x2 + 32x + 20 (iv) 2y3 + y2 — 2y — 1 Answer:

(i) Letp(x) =x3 —2x2 — x + 2

Page | 28
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=8-8-2+2=0
Therefore, (x — 2) is factor of polynomial p(x).

Let us find the quotient on dividing x3 — 2x2 — x + 2 by x — 2.
By long division,

x*=3x+2

x+l}x“—2x2—x+2

It is known that,

Dividend = Divisor x Quotient + Remainder . x3

-2x2 = x+2=(x+1)(x2-3x+2)+0 =
(x+1)[x2=2x —x + 2]

=(x+1)[xx-2)-1(x-2)]

=x+1)(x=-1)(x=-2)

=(x-2)(x-1)(x + 1)

(i) Let p(x) =x3 —3x2—-9x - 5

All the factors of 5 have to be considered. These are £1, + 5.

By trial method, p(-1) = (-1)3 = 3(-1)2 - 9(-1) - 5

=-1-34+9-5=0
Therefore, x + 1 is a factor of this polynomial.

Page | 30 et us find the quotient on dividing x3 + 3x2 — 9x — 5 by x + 1.

By long division
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¥l
x+l)x‘ =3P 0 —5

It is known that,
Dividend = Divisor x Quotient + Remainder .. x3

-3x2-9x -5=(x+1)(x2-4x-5)+0

=(Xx+ 1) (x2=5x+x-15)

=(x+ 1) [(x(x—=5)+1(x —5)]

=(x+1)(x=-5 (x+1)

=(x-5xx+1)(x+1)

(iii) Let p(x) = x3 + 13x2 + 32x + 20

All the factors of 20 have to be considered. Some of them are %1,

+2,£4, £5 ... By trial method, p(-1)
=(—1)3 + 13(-1)2 +

32(-1) + 20

-1+13-32+ 20

33-33=0

Page | 31
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As p(—1) is zero, therefore, x + 1 is a factor of this polynomial
p(x).

Let us find the quotient on dividing x3 + 13x2 + 32x + 20 by (x +
1).

x +12x420

x+1)x~‘+13x3+32x+2o

-

4+ x

12x% +32x

12x* +12x

20x+20
20x+20

0

It is known that,
Dividend = Divisor x Quotient + Remainder x3 +

13x2 4+ 32x + 20 = (x + 1) (x2+ 12x + 20) + O

=(x+ 1) (x2+ 10x + 2x + 20)
=(x+1)[x(x+10) + 2 (x + 10)]
=(x+1)(x+10) (x + 2) =

(x+1)(x+2)(x+ 10)

(iv) Let p(y) = 2y3 +y2 -2y - 1

By trial method, p(1) =2 (1)3 +

Page | 32
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(12-2(1) -1

=24+41-2-1=0

Therefore, y — 1 is a factor of this polynomial.
Let us find the quotient on dividing 2y3 + y2 — 2y — 1 by y — 1.
2y" +3y+1

y- 1)2_}'3 +y =2y~-1
2y’ -2y°
- +
3y" =2y-1
3y* =3y
- #

y=1
y-1
0

p(y) =2y*+y2 -2y - 1=

(y —1) (2y2 +3y + 1)

=(y—-1) (2y2 +2y +y +1)
=(y-1)[2y(y+1)+1(y+1)]

=(y—1)(y + 1) (2y + 1) Question
5:

Factorise:
(i) x3 — 2x2 — x + 2 (ii) x3 + 3x2 —9x — 5 (iii) x3
+ 13x2 + 32x + 20 (iv) 2y3 +y2 -2y — 1

Answer:

(i) Let p(x) = x3 —2x2 — x + 2

All the factors of 2 have to be considered. These are £ 1, + 2.
By trial method, p(2) = (2)3 - 2(2)2 -2 + 2

Page | 33
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Cbse-spot.blogspot.com
=8-8-2+2=0

Therefore, (x — 2) is factor of polynomial p(x).

Let us find the quotient on dividing x3 — 2x2 — x + 2 by x — 2.
P —=3x+2

x+l) = b T

It is known that,

Dividend = Divisor x Quotient + Remainder

X3 =2x2—-x+2=(Xx+1)(x*=-3x+2)+0

=(x+1)[x2—-2x — x + 2]
=(x+ 1) [x(x=-2)-1(x~-2)]
=(x+1)(x-1)(x - 2)
=(x—-2)(x-1)(x+1)

(i) Let p(x) = x3 — 3x2 — 9x — 5

All the factors of 5 have to be considered. These are £1, + 5.
By trial method, p(-1) = (-1)3 - 3(—-1)2 -9(-1) - 5

=-1-3+9-5=0
Therefore, x + 1 is a factor of this polynomial.

Page | 34) ot s find the quotient on dividing x3 + 3x2 — 9x — 5 by x + 1.
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=5
x+|}x‘—3x2—9x—5

It is known that,
Dividend = Divisor x Quotient + Remainder . x3

-3x2 -9 -5=(x+1)(x2-4x-5)+0

=(x+1)(x2-5x+x-15)

=(x+ 1) [(x(x—=5)+1(x —5)]
=(x+1)(x-5)(x+1)
=(xX-5x+1)(x+1)

(iiil) Let p(x) = x3 + 13x2 + 32x + 20

All the factors of 20 have to be considered. Some of them are %1,

trial method,

p(—1) = (-1)3 + 13(-1)2 + 32(-1) + 20
= —1+13 - 32 + 20

=33-33=0

As p(—1) is zero, therefore, x + 1 is a factor of this polynomial
p(X).

Let us find the quotient on dividing x3 + 13x2 + 32x + 20 by (x +
1).
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xT+12x+20
x+|)x-‘+13x2+32x+2o

It is known that, 0

Dividend = Divisor x Quotient + Remainder x3 +

13x2+ 32x +20=(x + 1) (x2+ 12x + 20) + O

=(x+ 1) (x2+ 10x + 2x + 20)
=(x+1)[x(x+10) + 2 (x + 10)]
=(x+1)(x+10) (x+2) =

(x+ 1) (x+2)(x+ 10)
(iv) Letp(y) = 2y3 +y2 -2y -1

By trial method, p(1) =2 (1)3 +

(12-2(1) -1

=24+1-2-1=0
Therefore, y — 1 is a factor of this polynomial.

Let us find the quotient on dividing 2y3 + y2 — 2y — 1 byy — 1.
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2y +3y+1
y- |)2y3 +y*=2y-1
2y° -2y*

-+
3y"-2y-1
3y* -3y

- 4+

y-1
y=1

0

p(y) =2y*+y2 -2y - 1=

(y — 1) (2y2 +3y + 1)

=(y — 1) (2y* +2y + y +1)
=(y-1[2y(y+1)+1(y+1)]
=(y—-1)(y+ 1) (2y + 1) Exercise 2.5 Question 1:

Use suitable identities to find the following products:

h (x+4)(x+10) i (x+8)(x-10)

2.3\ .2 3
(3x+4)(3x-5) ()' *5](" 'E)
(iif) (iv)
(3—2x)(3+2x)
(v)

Answer:
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+ b)=x"+(a+b b
(i) By using the identity (x+a)(x+b)=x"+(a+b)x+a '

(x+4)(x+10)=x" +(4+10)x+4x10
=x"+14x+40

c+b) =y b)x+ab
(ii) By using the identity (x+a)(.x+ ) x +(a+ ),1+a .

(x+8)(x~10)=x"+(8-10)x+(8)(~10)

=x’-2x-80

(3.\'+4)(3x—5)=9(x+i)(x_§).
e 3 3 .
(iii)

T +M=x"+(a+b)x+ab
By using the identity (x+a)(x+b)=x"+(a+b)x+a ]

) SR 6 Gl

.
=9|:x3—lx—"—0]
3 9

=9x’ —3x-20

_ . o (x+p)(x—y)=x =y
(iv)_Bv usina_ the identitv =~ "~ J

P

_ o (x+y)(x—y) ==y
(v) By using the identity '

(3-2x)(3+2x)=(3)" =(2x)"
=9—4y’
Question 2:

Evaluate the following products without multiplying directly:
(i) 103 x 107 (ii) 95 x 96 (iii) 104 x 96 Answer: (i) 103 x 107 = (100 + 3) (100 + 7)

= (100)2 + (3 + 7) 100 + (3) (7)

(x+a)(x+b)=x"+(a+b)x+ab

[By using the identity , where x =

100, a=3,and b = 7]
= 10000 + 1000 + 21
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(ii) 95 x 96 = (100 — 5) (100 - 4)

= (100)2 + (= 5 — 4) 100 + (- 5) (- 4)

(x+a)(x+b)=x"+(a+b)x+ab

[By using the identity , where x =

100, a = -5, and b = —4]

10000 — 900 + 20

9120

(iii) 104 x 96 = (100 + 4) (100 - 4)

(100y2 — (ay2 L(x+2)(x=y) =57 = "]

10000 - 16

9984
Question 3:

Factorise the following using appropriate identities:
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(i) ox? + bxy + y2

(i 4y  -4y+1

5 y

X -
(iii) 100
Answer:
oy OF FO =) +2(39)(3)+ (o)
i
=(3.r+_v)(3x+_\') [xz +2xy+y: =(_‘-+_v)::|

-

- 4y° —ay+1=(2p)" =2(2y)(1)+(1)

=(2v-1)(2v-1) [x2—2.t;|-'+).-": =(_r-y)::|

=(x+l-‘_('])[x-%J [ =y =(x+¥)(x-)]

Question 4:
Expand each of the following, using suitable identities:

(x+2y+4:2) o (2x-y+2z)

(1)
“2x+3y+2z) 3a-Tb-c)’
(ijagt X EAHERE)” R =TAE)
(I *
2 —a-=b+1
—2x+5y—3z [40 2 }
(V)( )(vi) i
Answer: (x+y+z) =x"+) 4+ + 2y +2yz+ 22x

It is known that,
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0 (x+2y+42)" = x* +(20) +(42)" +2(x)(20) + 2(2y)(42) + 2(42)(x)
=x"+4y" +1627 +4xy +16yz +8xz

iy (257042 = (@074 () +(2) 4220)(-5)+ 2(-9)() 1 2(:) 25)
=4x’ +y* +2° —4xy-2yz +4xz

(i) (—2x+3y+2z)

=(=2x)" +(3») +(22) +2(-2x)(3») +2(3¥)(22) + 2(22)(-2x)
=4x* +9y° +42° —12xy +12yz - 8xz

) (3a-7b-c)
=(3a)’ +(=7b) +(~c) +2(3a)(=7b)+2(-7b)(-c) + 2(~c)(3a)
=94 +49h* + ¢* - 42ab + 14bc - bac

") (—2x+5y- 3;:):

=(=2x)" +(5y) +(-32)" +2(=2x)(5¥) + 2(5y)(-32) + 2(-3z)(-2x)
=4x’ +25y% 927 = 20xy = 30yz +12xz

{3 oo

s tapadipag Lon yile
16 4
Question 5:
Factorise:
4x* +9y* +162° +12xy—24yz —16xz 0
2x% + 37 +82 = 2J2xp + 42z - 8xz
(ii) Answer:
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It is known that,

"
(x+y+z) =x"+)" +27 +2xp+2)z +2zx

(i 4x* +9y” +162% +12xy - 24yz —16xz

(2.\'): +(3y)2 +(—4:)2 +2(2x)(3y)+2(3y)(-4z)+2(2x)(-4=2)
(2x+3y-4z)’
(2x+3y-4z)(2x+3y-42)

(i) 2x% + 37 +82° - 2J2xp + 442y —8xz
=(—\/fx)2 +() +(2\/5:): +2(-J5x)(,\')+ Z(y)(Zs/i:)+ 2(—ﬁx)(2\/5:)
=(—ﬁx+y+2\/—2_:)2

= (—ﬁx +y+ 2\/5:)(—\5.\‘ +y+ 2\/’2_2)

Question 6:
Write the following cubes in expanded form:

I I, 3
(2x+‘l)‘(ii)2‘(20 3b)

3]
—x+1
(iii) 3

Answer:

(N

(iv)
It is known that,
(a+b) =a +b +3ab(a+b)

and(a—b)' =a' —b* -3ab(a-b)

0 (2x+1) =(2x)’ ;(1)3:3:(2:)(!)(23‘_+|);
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=8x" +1+6x(2x+1)
=8x* +1+12x" + 6x
=8x* +12x* +6x+1

(i (2a-3b) =(2a) —(3b)" -3(2a)(3b)(2a-3b)
=8q" -27b" ~18ab(2a-3b)

=8a’ -27b —364°h + 54ab’

3 | | - 3 3
[E.\Hljl =|:Ex:| +(I)3+.)(Ex](l)(5x+l)
(iii) '
5.4 9 (3 )
=—x +l4+—x| —x+1
8 o

27 5 20 % 9
R —x =X
8 - 2

215 &1 5.8
== ="k —X 4]
8 4 2

3 ool

(vi)
; 8 4 2
SE =y = X~y
27“ )( 3')

2 4 ol
= x3 _i v"‘ _Zx')y.q,._x);'
il 3

Question 7:
Evaluate the following using suitable identities:

(i) (99)3 (ii) (102)? (iii) (998)% Answer:

It is known that,

(a+b) =a +b +3ab(a+b)

and(a-b) =a' —b' ~3ab(a-b)
(i) (99)3= (100 — 1)3

= (100)3 - (1)3 — 3(100) (1) (100 - 1)
= 1000000 — 1 — 300(99)
= 1000000 — 1 — 29700

= 970299
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(i) (102)3 = (100 + 2)3

(100)3 + (2)3 + 3(100) (2) (100 + 2)

1000000 + 8 + 600 (102)

1000000 + 8 + 61200 = 1061208

(iii) (998)3= (1000 — 2)3

(1000)3 — (2)3 — 3(1000) (2) (1000 — 2)

1000000000 — 8 — 6000(998)

1000000000 — 8 — 5988000

1000000000 — 5988008

994011992 Question

Factorise each of the following:
8a’ +b' +12a°h + 6ab’ i) 8a’ —b' —12a’h + 6ab’

(i)
_27-125a" -135a+ 2254 64a’ —-27b" —144a°b +108ab’
(iii) (iv)
1 g 5 ]
DT B i P i

P70 2r 4
(v)
Answer:

It is known that,
(a+b) =d* +b +3a’b+3ab’

and(a—b)' =a’ —b’ -3a’b+3ab’

(0 8a’ +bH +12a°b + 6ab’
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=(2a+b)(2a+b)(2a+b)

i) 8" =b'=12a°b+ 6ab’

=(2a)’ ~(b) ~3(2a)  b+3(2a)(b)’

=(2a-b)

= (2a-b)(2a-h)(2a-b)
27-1254" -135a+2254°

(iii)
=(3)' ~(5a) =3(3)"(5a) +3(3)(5a)’
=3 —:'aa')3

= (3 —-5(1)(3 - 50)(3 e Sa)

64a’ —27h" —144a°h +108ab’

(iv)
=(4a)’ ~(36) ~3(4a)’ (36)+3(4a) (3p)
= (4a-3b)’
=(4a )(4a 3b)(4a-3b)
1 8 5 1

(v)

=(3p)‘—(?)3‘3(3")2&)*3(3" )&J
(1)
(o= oo 5)oo4)

Question 9:
Verify:
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X+ =(x-!~}-')(x2 —-xy+y3)
(1)
X =y =(x—p) (& +xy+y7)
(i) '
Answer:
(i) It is known that,

(x+») =x +3" +3xp(x+¥)

(
(.1‘3 +y° —xy)
=(x+y)(x* —xy+17)

=(x+y

(i) It is known that,
(x-=p) =x* =) -3xy(x-y)

I
_— — — — ——
-
|
R
T S— — S— "
P e i, gy e
=
" (¥
+
5
-
|
2
=2
+
o
Ra
-
S —

Question 10:
Factorise each of the following:

27y 41252
(i)

(i)
[Hint: See question 9.]

64m’ —343n°
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Answer:

27y’ +1257°
()

=(3y) +(52)
- (3_}-’-&—5:)[(33{)2 +(52) —(3,_1.-)(5:)] [a’+b"=(a+b)a’ +b7 ~ab)]
=(3y+5:)[9y* +25:* -15)z |

64m’ ~343n°

@i
=(4m) ~(7n)’

=(4m- 7n)[(“-1m)1 +(7n) +(4m)(7n)] l: a'-b'=(a-b)a'+b’ +ab):|
=(4m- 7n)[16m: +497° + 28mn]

Question 11:

27+ y* + 27 -9xyz
Factorise:

Answer:
It is known that,
Wyt S = (vt paz) (0 2 —xy— - )

L2784+ 42 —9xyz
=(3x) +(») +(=) -3(3x)()(2)
=(3x+y+ .---:)[(3.1'}2 +7 27 = (3x)(»)-(»)(2)- -:(3x)]

=(3x+y+ :)[9.1'" +y 4z —3xy—yz—3xz]

Question 12: .
xX+y' 4+ -30z= %(x+y+ :)I:(x—y)2 +(y-z) +(:—x)2]

Verify that =

It is known that,

Answer:
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X‘ +y‘ -G—.'.t "‘3,\‘_}.': = (x.{.y.’. :)(x2 +'v: +:: '—X)'—_)’:—ZX)

I [~ 4 ]
=5 (x+y+2) 2x+2y° +227 = 2xp -2z - 22.7:]

| B 2 2
2 ;(.\' +y+2) (.\'3 +y - 2.\}')+(_\,-' +20= 2,1.-':)+(x2 +2° - 2:1')]

Leeyea s} oty-af oo

Question 13:

P+y 42 =30z
If x+y + z =0, show that .

Answer:
It is known that,

I S e L S me——
Putx+y+2z=0,
¥4y 4 =3gz=(0)(x+y 27— xy-pz-xx)
4y’ +2-3x02=0
X4yt 2t =30z

Question 14:

Without actually calculating the cubes, find the value of each of the following:

(-12)"+(7) +(5)
(i)
(28) +(=15) +(-13)’
(i)
Answer:
(-12)" +(7) +(5)
(i)
letx =-12,y=7,andz=5
It can be observed that, x + y
+z=-12+7+5=0

It is known that if x + y + z = 0, then
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+y'+2 =30z

(=12)" +(7) +(5) =3(-12)(7)(5)

= —1260
(28)" +(=15) +(-13)’
(i)
letx =28,y =—-15,and z = —-13
It can be observed that,
X+y+z=28+(-15)+(-13)=28-28=0
It is known that if x + y + z = 0, then
X +y' +2' =30z
2 (28) +(~15) +(~13) =3(28)(~15)(~13)
=16380

Question 15:

Give possible expressions for the length and breadth of each of thefollowing

rectangles, in which their areas are given:

| Area: 25a% —35a+ 12| Area: 35v° +133-12
| Il

Answer:
Area = Length x Breadth

The expression given for the area of the rectangle has to be factorised. One of its factors

will be its length and the other will be its breadth.
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(ii)
35)% +13y-12=35) + 28y -15y 12
=Ty(5y+4)-3(5r+4)
=(5y+4)(7-3)

Therefore, possible length = 5y + 4
And, possible breadth = 7y — 3 Question
16:

What are the possible expressions for the dimensions of the cuboids whose
volumes are given below?

Volume: 3x° —12x] Volume: 12ky° + 8ky — 20k
| 1

Answer:
Volume of cuboid = Length x Breadth x Height

The expression given for the volume of the cuboid has to be factorised. One of its factors
will be its length, one will be its breadth, and one will be its height.

0 3x’ —12x=3x(x-4)
One of the possible solutions is as follows.
Length = 3, Breadth = x, Height = x — 4
12ky” +8ky — 20k = 4k (3y° + 2y -5)

i
(= lk [35° +5y-3y-5]

=4k [).'(3y+5)—l(3)r'+5)]
=4k(3y+5)(v-1)

One of the possible solutions is as follows.
Length = 4k, Breadth = 3y + 5, Height =y — 1




